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Thus �(P ) < 1 for every P . We now show that there exists an M < 1

such that
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By Jensen's inequality this yields
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and hence �(P ) � ��(P
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). Now suppose that (1) is false. Then there exists
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note that the last inequality holds equality when C picks out the set of x

i

's

corresponding to those �

0

i

s yielding the maximum of

P

�

+

i

and

P

�

�

i

. Now

take P = k

�1

P

k

i=1

�

x

i

. Choose n so large that n > 4Mna

n

; this is possible

since a

n

! 0. Then choose k > 2n

2

; with this choice of k it follows that the

set 


0

� \

i6=j

[X

i

6= X

j

] has P (


0

) � 1=2: note that

P (


c

0

) = P ([

i6=j�n

[X

i

= X

j

])

2



�

X

i6=j�n

P (X

i

= X

j

)

� n

2

k

�1

< 1=2 :

Thus, since �(P ) �M , (2) yields

Mna

n

� Ek

n

X

i=1

�

i

1

C

(X

i

)k

C

� E

(

k

n

X

i=1

�

i

1

C

(X

i

)k

C

1




0

)

�

n

2

P (


0

) �

n

4

:

This contradicts our choice of n > 4Mna
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